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Abstract

In this paper, soft matrices are defined based on soft set. The Cartesian product of two soft sets is
along with the very common operations viz. AND, OR, union, intersection of soft matrices are defined.
Commutative, associative, distributive, De Morgan’s laws and convergent property for soft matrices are
investigated.
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1 Introduction

We can not successfully use classical method to solve complicated problem in economics, engineering and
environment because of various uncertainties involved for those problems. There are theories, viz. theory of
probability, theory of fuzzy sets [34], theory of intuitionistic fuzzy sets [3], theory of vague set [11], theory of
interval mathematics [27] and theory of rough sets [29] which can consider as mathematical tools for dealing
with uncertainties. But, all these theories have their own difficulties. The reason of the difficulties is, possibly,
the inadequacy of the parametrization tool of the theories. To overcome these difficulties, Molodtsov [25]
introduced the concept of soft set as a new mathematical tool for dealing with uncertainties which is free from
the difficulties that have troubled the usual theoretical approaches.

Molodtsov successfully applied the soft theory into several directions, such as smoothness of functions,
game theory, operations research, Riemann integration, Perron integration, theory of probability, theory of
measurement and so on.

At present, works on the soft set theory are progressing rapidly. Maji et al. [23] described the application
of soft set theory to a decision making problem. They [21] also studied several operations on the theory of
soft set and fuzzy soft set like as ‘OR’ operation, ‘AND’ operation, ‘NOT’ operation, complement, union,
intersection, etc. Ali et al. [2] define some new operations in soft set and proved the De Morgan’s laws in soft
set theory. Yang et al. [33] combine the interval-valued fuzzy set and soft set.

Since matrices and its properties are very important tools in many branches of mathematics, engineering,
medical sciences and also social sciences so we motivated to study it over soft set. In this article, soft matrices
are defined based on soft set. The very common operations of soft matrices are defined like AND, OR,
union, intersection. Commutative, associative, distributive, De Morgan’s laws and convergent property for
soft matrices are investigated.

2 Definition and Preliminaries

In this section, we recall some basic notion of soft set theory introduced by Molodtsov [25] and some useful
definitions [2, 20, 22].

Here we take U be an initial universal set and E be a set of parameters and A,B ⊂ E.
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Definition 1 (Soft set). A pair (F,E) is called a soft set (over U) if and only if F is a mapping of E into
the set of all subsets of the set U .

In other words, the soft set is a parameterized family of subsets of the set U . Every set F (ε), ε ∈ E, from
this family may be considered as the set of ε-approximate elements of the soft set.

As an illustration, let us consider the following example.

Example 1. A soft set (F,E) describes the attractiveness of the bikes which Mr. X is going to buy.

U is the set of bikes under consideration.

E is the set of parameters. Each parameter is a word or a sentence.

E = {e1 = stylish; e2 = heavy duty; e3 = light; e4 = steel body; e5 = cheap; e6 = good milage; e7 = easily
started; e8 = long driven; e9 = costly; e10 = fiber body}.

In this case, to define a soft set means to point out stylish bikes, heavy duty bikes, and so on.

Definition 2 (Operation with soft sets). Suppose a binary operation denoted by ∗, is defined for all subsets
of the set U . Let (F,A) and (G,B) be two soft sets over U . Then the operation ∗ for the soft sets is defined
in the following way:

(F,A) ∗ (G,B) = (H,A×B)

where H(α, β) = F (α) ∗G(β), α ∈ A, β ∈ B and A×B is the Cartesian product of the sets A and B.

Definition 3 (NOT operation). Let E = {e1, e2, e3, . . . , en} be a set of parameters. The NOT set of E
denoted by eE and is defined by eE = {ee1,e e2,e e3, . . . ,e en} where eei = not ei for all i ∈ {1, 2, 3, . . . , n}.
It may be noted that e and e are two different operations, first one is applied on a set and second one is applied
on an element.

Definition 4 (Complement of a soft set). The complement of a soft set (F,A) is denoted by (F,A)c and is
defined by (F,A)c = (F c, eA), where F c :eA→ P (U) is a mapping which is defined by

F c(α) = U − F (eα), for all α ∈eA

where P (U) is the power set of the universe U .

Definition 5 (Relative complement of a soft set). The relative complement of a soft set (F,A) is denoted
by (F,A)r and is defined by (F,A)r = (F r, A), where F r : A → P (U) is a mapping given by F r(α) =
U − F (α), for all α ∈ A.

Definition 6 (NULL soft set). A soft set (F,A) over U is said to be a NULL soft set denoted by Φ, if
for all ε ∈ A, F (ε) = φ (null-set).

Definition 7 (Relative NULL soft set). A soft set (F,A) over U is said to be relative NULL soft set with
respect to the parameter set A denoted by ΦA if ε ∈ A, F (ε) = φ (null set).

Definition 8 (Relative whole soft set). A soft set (F,A) over U is said to be relative whole soft set (with
respect to the parameter set A) denoted by UA, if for all ε ∈ A, F (ε) = U.

Definition 9 (Absolute soft set). The relative whole soft set UE with respect to the universal set of parameters
E is called the absolute soft set over U .

Definition 10 (AND operation). If (F,A) and (G,B) be two soft sets then “(F,A) AND (G,B)” is denoted by
(F,A)∧ (G,B) and is defined by (F,A)∧ (G,B) = (H,A×B) where H(α, β) = F (α)∩G(β) for all (α, β) ∈
A×B.

Definition 11 (OR operation). If (F,A) and (G,B) be two soft sets then “(F,A) OR (G,B)” is denoted by
(F,A)∨(G,B) and is defined by (F,A)∨(G,B) = (O,A×B), where O(α, β) = F (α)∪G(β) for all (α, β) ∈
A×B.
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Definition 12 (Union of two soft sets). Union of two soft sets (F,A) and (G,B) over the common universe
U is the soft set (H,C), where C = A ∪B and for all e ∈ C

H(e) =

F (e), if e ∈ A−B
G(e), if e ∈ B −A
F (e) ∪G(e), if e ∈ A ∩B.

We write (F,A) ∪ (G,B) = (H,C).

Definition 13 (Restricted union of two soft set). Let (F,A) and (G,B) be two soft sets over the same universe
U such that A ∩ B 6= Φ. The restricted union of (F,A) and (G,B) is denoted by (F,A) ∪R (G,B), and is
defined as (F,A) ∪R (G,B) = (H,C), where C = A ∩B and for all e ∈ C, H(e) = F (e) ∪G(e).

Definition 14 (Extended intersection of two soft sets). The extended intersection of two soft sets (F,A) and
(G,B) over a common universe U is the soft set (H,C), where C = A ∪B and for all e ∈ C

H(e) =

F (e), if e ∈ A−B
G(e), if e ∈ B −A
F (e) ∩G(e), if e ∈ A ∩B.

We write (F,A) ∩E (G,B) = (H,C).

Definition 15 (Restricted intersection of two soft sets). Let (F,A) and (G,B) be two soft sets over a common
universe U such that A∩B 6= Φ. The restricted intersection of (F,A) and (G,B) is denoted by (F,A)∩R(G,B),
and is defined as (F,A) ∩R (G,B) = (H,C), where C = A ∩B and for all e ∈ C, H(e) = F (e) ∩G(e).

Definition 16 (Soft relation). A soft relation may be defined as a soft set over the power set of the Cartesian
product of two crisp sets. If X and Y are two non-empty crisp sets of a universal set and E is a set of
parameters then a soft relation denoted as (R,E) is defined as a mapping from E to P (X ⊗Y ), where X ⊗Y
is the Cartesian product of X and Y .

3 Cartesian Product and Relation Between Two Soft Sets

Using operation with soft sets defined by Molodtsov the Cartesian product and relation between two soft sets
are defined below.

Definition 17 (Cartesian product of two soft sets). Let (F,A) and (G,B) be two soft sets over a common
universe U , then the Cartesian product of these two soft sets is denoted by (F,A)× (G,B) and is defined by

(F,A)× (G,B) = (H,A×B),

where H(α, β) = F (α)×G(β).

As an illustration let us consider the following example.

Example 2. For the problem stated in Example 1, let us consider two subsets A and B as
A = { e1 = stylish; e2 = heavy duty}⊂ E and B = { e5 = cheap; e9 = costly}⊂ E.

Then (F,A) describes “attractiveness of the bikes” and (G,B) describes the “cost of the bikes”. Let U =
{b1, b2, b3, b4, b5}, F (e1) = {b2, b4, b5}, F (e2) = {b1, b2, b3}, G(e5) = {b1, b5} and G(e9) = {b2, b4}.

Here A×B = {(e1, e5), (e1, e9), (e2, e5), (e2, e9)}.
Then the Cartesian product of (F,A) and (G,B) is

(H,A×B) = (F,A)× (G,B),

where
H(e1, e5) = {(b2, b1), (b2, b5), (b4, b1), (b4, b5), (b5, b1), (b5, b5)},
H(e1, e9) = {(b2, b2), (b2, b4), (b4, b2), (b4, b4), (b5, b2), (b5, b4)},
H(e2, e5) = {(b1, b1), (b1, b5), (b2, b1), (b2, b5), (b3, b1), (b3, b5)},
H(e2, e9) = {(b1, b2), (b1, b4), (b2, b2), (b2, b4), (b3, b2), (b3, b4)}.
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Definition 18 (Relation between two soft sets). Let (F,A) and (G,B) be two soft sets over a common
universe U , then the relation R of these two soft sets is defined as (R,A × B) ⊂ (F,A) × (G,B) such that
F (α)×G(β) ∈ (R,A×B) implies that F (α) is related with G(β) where α ∈ A and β ∈ B.

Example 3. For the problem stated in Example 2, let (F,A) and (G,B) be two soft sets over the common
universe U and let

(R,A×B) = {{(b2, b1), (b2, b5), (b4, b1), (b4, b5), (b5, b1), (b5, b5)},
{(b2, b2), (b2, b4), (b4, b2), (b4, b4), (b5, b2), (b5, b4)}}

i.e., (R,A×B) = {F (e1)×G(e5), F (e1)×G(e9)}.

Then we say that F (e1) is related with G(e5) and G(e9).

4 Soft Matrix and Its Operations

In this section, we define soft matrix. Since matrix is a very important tool in any branches of mathematics
so we motivated to study it over soft set.

Definition 19 (Soft matrix). Let (F,A) be a soft set defined over the universe U . Then a soft matrix over
(F,A) is denoted by [M(F,A)] is a matrix whose elements are the elements of the soft set (F,A).

Mathematically, [M(F,A)] = (mij) where mij = F (α) for some α ∈ A.

To illustrate soft matrix the following example is considered.

Example 4. Let us consider A = E = {e1, e2, e3, . . . , e10} and U = {b1, b2, b3, b4, b5} where (F,A) = {F (e1) =
stylish bikes = {b2, b4, b5}, F (e2) = heavy duty bikes = {b1, b2, b3}, F (e3) = light bikes = {b1, b2}, F (e4) =
steel body bikes = {b3, b5}, F (e5) = cheap bikes = {b1, b3, b5}, F (e6) = good milage bikes = {b2, b5}, F (e7) =
easily started bikes = {b3, b4}, F (e8) = long driven bikes = {b1, b3, b4}, F (e9) = costly bikes = {b2, b4},
F (e10) = fiber body bikes = {b1, b2, b4}}. Let

[M(F,A)] =



heavy duty bikes cheap bikes stylish bikes
{b1, b2, b3} {b1, b3, b5} {b2, b4, b5}

light bikes good milage bikes costly bikes
{b1, b2} {b2, b5} {b2, b4}

cheap bikes light bikes long driven bikes
{b1, b3, b5} {b1, b2} {b1, b3, b4}


.

Here we see that all the elements of the matrix [M(F,A)] are of the soft set (F,A). Hence the above matrix
is a soft matrix.

Definition 20 (AND operation between two soft matrices). Let [M(F,A)] = (mij) and [N(F,A)] = (nij) be
two soft matrices of same order over a common soft set (F,A). Then “[M(F,A)] AND [N(F,A)]” denoted
by [M(F,A)] ∧ [N(F,A)] is a soft matrix [L(F,A)] = (lij) of same order that of [M(F,A)] or [N(F,A)] and
each element is defined by lij = mij ∩ nij.

Let us consider the following example.

Example 5. Let

[N(F,A)] =



steel body bikes stylish bikes easily strated bikes
{b3, b5} {b2, b4, b5} {b3, b4}

fiber body bikes good milage bikes cheap bikes
{b1, b2, b4} {b2, b5} {b1, b3, b5}

heavy duty bikes fiber body bikes steel body bikes
{b1, b2, b3} {b1, b2, b4} {b3, b5}


.



258 S. Mondal and M. Pal: Soft Matrices

Then [M(F,A)] ∧ [N(F,A)]

=



heavy duty & steel body cheap & stylish bikes stylish & easily started
bikes {b3} {b5} bikes {b4}

light & fiber body bikes good milage bikes costly & cheap bikes
{b1, b2} {b2, b5} φ

cheap & heavy duty bikes light & fiber body bikes long driven & steel body
{b1, b3} {b1, b2} bikes {b3}


.

The symbol & is used to represent logical AND.

Definition 21 (OR operation between two soft matrices). Let [M(F,A)] = (mij) and [N(F,A)] = (nij) be
two soft matrices of same order over a common soft set (F,A). Then “[M(F,A)] OR [N(F,A)]” denoted
by [M(F,A)] ∨ [N(F,A)] is a soft matrix [L(F,A)] = (lij) of same order that of [M(F,A)] or [N(F,A)], is
defined by lij = mij ∪ nij.

Example 6. The matrix [M(F,A)] ∨ [N(F,A)], for the previous matrices [M(F,A)] and [N(F,A)] is

heavy duty or steel body cheap or stylish bikes stylish or easily started
bikes {b1, b2, b3, b5} {b1, b2, b3, b4, b5} bikes {b2, b3, b4, b5}

light or fiber body bikes good milage bikes costly or cheap bikes
{b1, b2, b4} {b2, b5} {b1, b2, b3, b4, b5}

cheap or heavy duty bikes light or fiber body bikes long driven or steel body
{b1, b2, b3, b5} {b1, b2, b4} bikes {b1, b3, b4, b5}


.

Definition 22 (Complement of a soft matrix). Let [M(F,A)] = (mij) be a soft matrix over a soft set (F,A)
with respect to a universe U . The complement of the soft matrix [M(F,A)] is denoted by [M(F,A)]c, where
[M(F,A)]c = (mc

ij) is a soft matrix of same order that of [M(F,A)] and is defined by

mc
ij = U − F (α), where mij = F (α) for some α ∈ A.

To illustrate the complement, let us consider the following example.

Example 7. For the soft matrix [M(F,A)] of Example 4,

[M(F,A)]c =



not heavy duty bikes not cheap bikes not stylish bikes
{b4, b5} {b2, b4} {b1, b3}

not light bikes not good milage bikes not costly bikes
{b3, b4, b5} {b1, b3, b4} {b1, b3, b5}

not cheap bikes not light bikes not long driven bikes
{b2, b4} {b3, b4, b5} {b2, b5}


.

It may be observed that ([M(F,A)]c)c = [M(F,A)].

Proposition 1. Let [M(F,A)] and [N(F,A)] be two soft matrices of same order over a common soft set
(F,A). Then

(i) [M(F,A)] ∧ [N(F,A)] = [N(F,A)] ∧ [M(F,A)],
(ii) [M(F,A)] ∨ [N(F,A)] = [N(F,A)] ∨ [M(F,A)],

i.e., commutative properties hold for soft matrices.

Proof. (i) Let [M(F,A)] = (mij) and [N(F,A)] = (nij) where mij = F (α), nij = F (β) for some α, β ∈ A.
Now the ijth element of [M(F,A)]∧ [N(F,A)] is mij ∩nij = nij ∩mij [By commutative property for crisp

sets].
Also the ijth element of [N(F,A)] ∧ [M(F,A)] is nij ∩mij .
Hence [M(F,A)] ∧ [N(F,A)] = [N(F,A)] ∧ [M(F,A)].

Similarly we can prove the second part. �
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Proposition 2. Let [L(F,A)], [M(F,A)] and [N(F,A)] be three soft matrices of same order over a common
soft set (F,A). Then

(i) ([L(F,A)] ∨ [M(F,A)]) ∨ [N(F,A)] = [L(F,A)] ∨ ([M(F,A)] ∨ [N(F,A)]),
(ii) ([L(F,A)] ∧ [M(F,A)]) ∧ [N(F,A)] = [L(F,A)] ∧ ([M(F,A)] ∧ [N(F,A)]),

i.e., associative properties hold for soft matrices.

Proof. (i) Let [L(F,A)] = (lij), [M(F,A)] = (mij) and [N(F,A)] = (nij). Then the ijth element of
([L(F,A)] ∨ [M(F,A)]) ∨ [N(F,A)] is (lij ∪mij) ∪ nij . Similarly the ijth element of [L(F,A)] ∨ ([M(F,A)] ∨
[N(F,A)]) is lij ∪ (mij ∪ nij).

Also we know that for crisp sets lij , mij and nij , (lij ∪ mij) ∪ nij = lij ∪ (mij ∪ nij) [By associative
property].

Hence ([L(F,A)] ∨ [M(F,A)]) ∨ [N(F,A)] = [L(F,A)] ∨ ([M(F,A)] ∨ [N(F,A)]).
(ii) Proof is similar to (i). �

Proposition 3. Let [L(F,A)], [M(F,A)] and [N(F,A)] be three soft matrices of same order over a common
soft set (F,A). Then

(i) [L(F,A)] ∧ ([M(F,A)] ∨ [N(F,A)]) = ([L(F,A)] ∧ [M(F,A)]) ∨ ([L(F,A)] ∧ [N(F,A)]),
(ii) [L(F,A)] ∨ ([M(F,A)] ∧ [N(F,A)]) = ([L(F,A)] ∨ [M(F,A)]) ∧ ([L(F,A)] ∨ [N(F,A)]),

i.e., distributive properties hold for soft matrices.

Proof. (i) Let [L(F,A)] = (lij), [M(F,A)] = (mij) and [N(F,A)] = (nij).
Then the ijth element of [L(F,A)] ∧ ([M(F,A)] ∨ [N(F,A)]) is

lij ∩ (mij ∪ nij) = (lij ∩mij) ∪ (lij ∩ nij) [By distributive property of crisp sets].

Also the ijth element of ([L(F,A)] ∧ [M(F,A)]) ∨ ([L(F,A)] ∧ [N(F,A)]) is

(lij ∩mij) ∪ (lij ∩ nij).

Hence [L(F,A)] ∧ ([M(F,A)] ∨ [N(F,A)]) = ([L(F,A)] ∧ [M(F,A)]) ∨ ([L(F,A)] ∧ [N(F,A)]).

The proof of the second part is similar. �

Theorem 1. The following De Morgan’s laws are valid for soft matrices
(i) ([M(F,A)] ∨ [N(F,A)])c = [M(F,A)]c ∧ [N(F,A)]c,
(ii) ([M(F,A)] ∧ [N(F,A)])c = [M(F,A)]c ∨ [N(F,A)]c.

Proof. (i) Let [M(F,A)] = (mij) and [N(F,A)] = (nij), then mij = F (α), nij = F (β) for some α, β ∈ A.
Now the ijth element of [M(F,A)] ∨ [N(F,A)] is aij = mij ∪ nij = F (α) ∪ F (β).

Therefore, the ijth element of ([M(F,A)] ∨ [N(F,A)])c is

acij = U − aij
= U − F (α) ∪ F (β)
= {U − F (α)} ∩ {U − F (β)}
= mc

ij ∩ ncij ,

which is the ijth element of [M(F,A)]c∧[N(F,A)]c. Hence ([M(F,A)]∨[N(F,A)])c = [M(F,A)]c∧[N(F,A)]c.
(ii) The ijth element of [M(F,A)] ∧ [N(F,A)] is bij = mij ∩ nij = F (α) ∩ F (β).

Therefore, the ijth element of ([M(F,A)] ∧ [N(F,A)])c is

bcij = U − bij
= U − F (α) ∩ F (β)
= {U − F (α)} ∪ {U − F (β)}
= mc

ij ∪ ncij .

This is the ijth element of [M(F,A)]c ∨ [N(F,A)]c.
Hence ([M(F,A)] ∧ [N(F,A)])c = [M(F,A)]c ∨ [N(F,A)]c. �
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5 Union and Intersection of Soft Matrices

In this section, we define the union and intersection of two soft matrices.

Definition 23 (Union of two soft matrices). Let [M(F,A)] = (mij) and [N(F,A)] = (nij) be two soft matrices
of any order over a common soft set (F,A), then mij = F (α) and nij = F (β) for some α, β ∈ A. The union
of [M(F,A)] and [N(F,A)] is denoted by [M(F,A)] ∪ [N(F,A)] = [L(F,A)], where [L(F,A)] = (lij) is a soft
matrix whose number of rows is equal to the number of rows of [M(F,A)] and number of columns is equal to
the number of columns of [N(F,A)] and is defined by

lij =
⋃
α

F (α),

where α is the common parameter of the ith row of [M(F,A)] and jth column of [N(F,A)].

As an illustration we consider the following example.

Example 8. Let B = {e1, e2, e3, e4} ∈ E and

(G,B) = { G(e1) = stylish bikes = {b2, b4, b5}, G(e2) = heavy duty bikes = {b1, b2},
G(e3) = light bikes = {b1, b2, b3}, G(e4) = steel body bikes = {b3, b5} }.

Let us consider two matrices [P (G,B)] and [Q(G,B)] as

[P (G,B)] =



stylish bikes light bikes heavy duty bikes
{b2, b4, b5} {b1, b2, b3} {b1, b2}

steel body bikes heavy duty bikes stylish bikes
{b3, b5} {b1, b2} {b2, b4, b5}

light bikes steel body bikes light bikes
{b1, b2, b3} {b3, b5} {b1, b2, b3}


,

[Q(G,B)] =



steel body bikes heavy duty bikes light bikes
{b3, b5} {b1, b2} {b1, b2, b3}

stylish bikes light bikes steel body bikes
{b2, b4, b5} {b1, b2, b3} {b3, b5}

heavy duty bikes stylish bikes heavy duty bikes
{b1, b2} {b2, b4, b5} {b1, b2}


.

Then [P (G,B)] ∪ [Q(G,B)]

=



stylish or heavy duty bikes stylish or light or heavy duty light or heavy duty bikes
{b1, b2, b4, b5} bikes {b1, b2, b3, b4, b5} {b1, b2, b3}

steel body or stylish or heavy stylish or heavy duty bikes steel body or heavy duty
duty bikes {b1, b2, b3, b4, b5} {b1, b2, b4, b5} bikes {b1, b2, b3, b5}

steel body bikes light bikes light or steel body bikes
{b3, b5} {b1, b2, b3} {b1, b2, b3, b5}


.

If there exists no such common parameter, then the element is denoted by θ, called the null element.

Definition 24 (Intersection of two soft matrices). Let [M(F,A)] = (mij) and [N(F,A)] = (nij) be two soft
matrices of any order over a common soft set (F,A), then mij = F (α) and nij = F (β) for some α, β ∈ A. The
intersection of [M(F,A)] and [N(F,A)] is denoted by [M(F,A)]∩[N(F,A)] = [L(F,A)], where [L(F,A)] = (lij)
is a soft matrix whose number of rows is equal to the number of rows of [M(F,A)] and number of columns is
equal to the number of columns of [N(F,A)] and is defined by
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lij =
⋂
α

F (α),

where α is any parameter of the ith row of [M(F,A)] or jth column of [N(F,A)].

Example 9. For the previous matrices [P (G,B)] and [Q(G,B)], the intersection is given by

[P (G,B)] ∩ [Q(G,B)]

=



stylish & light & steel body stylish & light & heavy duty stylish & light & steel body
& heavy duty bikes φ bikes {b2} & heavy duty bikes φ

steel body & stylish & heavy steel body & stylish & light steel body & stylish & light
duty bikes φ & heavy duty bikes φ & heavy duty bikes φ

light & stylish & steel body light & stylish & steel body light & steel body & heavy
& heavy duty bikes φ & heavy duty bikes φ duty bikes φ


.

Proposition 4. Let [L(F,A)], [M(F,A)] and [N(F,A)] be three soft matrices over a common soft set (F,A),
then
(i) ([L(F,A)] ∪ [M(F,A)]) ∪ [N(F,A)] = [L(F,A)] ∪ ([M(F,A)] ∪ [N(F,A)]),
(ii) ([L(F,A)] ∩ [M(F,A)]) ∩ [N(F,A)] = [L(F,A)] ∩ ([M(F,A)] ∩ [N(F,A)]),

i.e., associative properties hold for soft matrices with respect to union and intersection.

Proof. (i) Let [L(F,A)] ∪ [M(F,A)] = (aij), then

aij =
⋃
α
F (α), where α is the common parameter of the ith row of [L(F,A)] and jth

column of [M(F,A)].

Also, let ([L(F,A)] ∪ [M(F,A)]) ∪ [N(F,A)] = (bij), then

bij =
⋃
α
F (α), where α is the common parameter of the ith row of [L(F,A)] ∪ [M(F,A)]

and jth column of [N(F,A)].

Also it can easily be shown that the common parameters of ith row of [L(F,A)]∪ [M(F,A)] are the parameters
of ith row of [L(F,A)]. Thus

bij =
⋃
α
F (α), where α is the common parameter of the ith row of [L(F,A)] and jth

column of [N(F,A)].

Again let [M(F,A)] ∪ [N(F,A)] = (cij), then

cij =
⋃
β

F (β), where β is the common parameter of the ith row of [M(F,A)] and jth

column of [N(F,A)].

Therefor, if [L(F,A)] ∪ ([M(F,A)] ∪ [N(F,A)]) = (dij), then

dij =
⋃
β

F (β), where β is the common parameter of the ith row of [L(F,A)] and jth

column of [M(F,A)] ∪ [N(F,A)].

Since the common parameters of jth column of [M(F,A)] ∪ [N(F,A)] are the parameters of jth column of
[N(F,A)]. So

dij =
⋃
β

F (β), where β is the common parameter of the ith row of [L(F,A)] and jth

column of [N(F,A)].

Thus bij = dij , i.e., ([L(F,A)] ∪ [M(F,A)]) ∪ [N(F,A)] = [L(F,A)] ∪ ([M(F,A)] ∪ [N(F,A)]).
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Similarly, we can prove the second part. �

Remark 1: From the proof of the above theorem we conclude that if [L(F,A)], [M(F,A)] and [N(F,A)] be
three soft matrices over a common soft set (F,A), then
(i) ([L(F,A)] ∪ [M(F,A)]) ∪ [N(F,A)] = [L(F,A)] ∪ [N(F,A)]

= [L(F,A)] ∪ ([M(F,A)] ∪ [N(F,A)]),
(ii) ([L(F,A)] ∩ [M(F,A)]) ∩ [N(F,A)] = [L(F,A)] ∩ [N(F,A)]

= [L(F,A)] ∩ ([M(F,A)] ∩ [N(F,A)]).

6 Convergence of Soft Matrix

In this section, we introduce the concept of convergence and power of convergence of a soft matrix.
A sequence of matrices A1, A2, A3, . . . , An, An+1, . . ., i.e., {An} is said to be converged to a finite matrix

A (if exist) if
lim
n→∞

An = A.

Definition 25 (Power of convergence of a soft matrix). A number p is said to be the power of convergence
of a soft matrix [M(F,A)] with respect to a binary composition ∗ if

[M(F,A)]p+n = [M(F,A)]p+n−1 = [M(F,A)]p+n−2 = · · · = [M(F,A)]p+1 = [M(F,A)]p.

where n ∈ N and
[M(F,A)]2 = [M(F,A)] ∗ [M(F,A)]

[M(F,A)]3 = [M(F,A)] ∗ [M(F,A)] ∗ [M(F,A)]

and so on.

Theorem 2. The power of convergence with respect to union and intersection of a soft matrix is 2.

Proof. Let [M(F,A)] = (aij) be a soft matrix of any order. Then aij = F (α) for some α ∈ A. Also let
[M(F,A)] ∪ [M(F,A)] = (bij), then

bij =
⋃
α
F (α), where α be the common parameter of ith row and jth column of [M(F,A)].

Therefore ([M(F,A)] ∪ [M(F,A)]) ∪ [M(F,A)] = (bij) ∪ (aij) = (cij) (say). Then

cij =
⋃
β

F (β), where β be the common parameter of ith row of [M(F,A)] ∪ [M(F,A)]

and jth column of [M(F,A)]
=

⋃
β

F (β), where β be the common parameter of ith row of [M(F,A)] and jth

column of [M(F,A)]
=

⋃
β

F (β), where β be the common parameter of ith row and jth column of

[M(F,A)]
= bij .

Hence ([M(F,A)] ∪ [M(F,A)]) ∪ [M(F,A)] = [M(F,A)] ∪ [M(F,A)].
Similarly, it can be proved ([M(F,A)] ∩ [M(F,A)]) ∩ [M(F,A)] = [M(F,A)] ∩ [M(F,A)]. �
As an illustration, we consider the following example.

Example 10. For the previous matrices [P (G,B)],

[P (G,B)] ∪ [P (G,B)]

=



stylish or light bikes light or heavy duty bikes stylish or light or heavy
{b1, b2, b3, b4, b5} {b1, b2, b3} duty bikes {b1, b2, b3, b4, b5}

stylish or steel body bikes steel body or heavy duty bikes heavy duty or stylish bikes
{b2, b3, b4, b5} {b1, b2, b3, b5} {b1, b2, b4, b5}

steel body or light bikes light or steel body bikes light bikes
{b1, b2, b3, b5} {b1, b2, b3, b5} {b1, b2, b3}
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and

[P (G,B)] ∪ [P (G,B)] ∪ [P (G,B)]

=



stylish or light bikes light or heavy duty bikes stylish or light or heavy
{b1, b2, b3, b4, b5} {b1, b2, b3} duty bikes {b1, b2, b3, b4, b5}

stylish or steel body bikes steel body or heavy duty bikes heavy duty or stylish bikes
{b2, b3, b4, b5} {b1, b2, b3, b5} {b1, b2, b4, b5}

steel body or light bikes light or steel body bikes light bikes
{b1, b2, b3, b5} {b1, b2, b3, b5} {b1, b2, b3}


.

Thus, [P (G,B)] ∪ [P (G,B)] ∪ [P (G,B)] = [P (G,B)] ∪ [P (G,B)].

Theorem 3. If all the elements of a soft matrix are distinct then the power of convergence is 1, with respect
to union and intersection.

Proof. Let us consider a soft matrix [M(F,A)] = (aij), where each aij are distinct and aij = F (α) for some
α ∈ A. Then [M(F,A)]∪ [M(F,A)] =

⋃
α
F (α), where α be the common parameter of ith row and jth column

of [M(F,A)], or, [M(F,A)] ∪ [M(F,A)] = (aij). Since all aij are distinct, the common element is the ijth
element of the matrix, i.e., [M(F,A)] ∪ [M(F,A)] = [M(F,A)].

Similarly, we can prove the above theorem for intersection. �

Remark 2: The power of convergence of a soft matrix with respect to union and intersection is at most 2.

7 Conclusion

The soft set theory of Molodtsov [25] offers a general mathematical tool for dealing with uncertain, fuzzy or
vague objects. In the present paper, we define soft matrices based on soft set. The very common operations
like AND, OR, union and intersection of soft matrices are defined. Commutative, associative, distributive,
De Morgan’s laws and convergent property for soft matrices are also investigated.

In further research, convergency of fuzzy soft matrices, interval-valued soft matrices are to be considered
and interesting issues are to be addressed. Using the concept of soft matrices the decision making problems
can be solved.

References

[1] Aktas, H., and N. Cag̈man, Soft set and soft groops, Information Sciences, vol.177, pp.2726–2735, 2007.

[2] Ali, M.I., et al., On some new operations in soft set theory, Computer and Mathematics with Applications, vol.57,
pp.1547–1553, 2009.

[3] Atanassov, K., Intuitionistic fuzzy sets, Fuzzy Sets and Systems, vol.20, pp.87–96, 1986.

[4] Bhowmik, M., and M. Pal, Some results on intuitionistic fuzzy matrices and intuitionistic circulant fuzzy matrices,
International Journal of Mathematical Sciences, vol.7, nos.1-2, pp.81–96, 2008.

[5] Cag̈man, N., F. Citak, and S. Enginoglu, Fuzzy parameterrized fuzzy soft set theory and its applications, Turkish
Journal of Fuzzy System, vol.1, no.1, pp.21–35, 2010.

[6] Chetia, B., and P.K. Das, An application of interval-valued fuzzy soft sets in medical diagnosis, International
Journal of Contemporary Mathematical Sciences, vol.5, pp.1887–1894, 2010.

[7] Chetia, B., and P.K. Das, Application of vague soft sets in students’ evaluation, Advances in Applied Science
Research, vol.2, no.6, pp.418–423, 2011.

[8] Das, P.K., and R. Borgohain, An application of fuzzy soft set in medical diagnosis using fuzzy arithmetic operations
on fuzzy number, Sibcoltejo, vol.5, pp.107–116, 2010.

[9] Dinda, B., and T.K. Samanta, Relations on intuitionistic fuzzy soft sets, General Mathematics Notes, vol.1, no.2,
pp.74–83, 2010.

[10] Feng, F., Y.B. Jun, and X.Z. Jhao, Soft semirings, Computer and Mathamatics with Applications, vol.56, pp.2621–
2628, 2008.



264 S. Mondal and M. Pal: Soft Matrices

[11] Gau, W.L., and D.J. Buehrer, Vague sets, IEEE Transactions on Systems Man and Cybernetics, vol.23, no.2,
pp.610–614, 1993.

[12] Ge, X., and S. Yang, Investigations on some operations of soft sets, World Academy of Science, Engineering and
Technology, vol.75, pp.1113–1116, 2011.

[13] Gunduz, C., and S. Bayramov, Fuzzy soft modules, International Mathematical Forum, vol.6, no.11, pp.517–527,
2011.

[14] Herawan, T., R. Ghazali, and M.M. Deris, Soft set theoretical approach for dimensionality reduction, International
Journal of Database Theory and Application, vol.3, no.2, pp.47–59, 2010.

[15] Jun, Y.B., and C.H. Park, Application of soft sets in Hilbert algebra, Iranian Journal of Fuzzy Systems, vol.6,
no.2, pp.75–86, 2009.

[16] Jun, Y.B., and J. Zhan, BL-algebras based on soft set theory, Kyungpook Mathematical Journal, vol.50, pp.123–
129, 2010.

[17] Jun, Y.B., Soft BCK/BCI-algebras, Computer and Mathamatics with Applications, vol.56, pp.1408–1413, 2008.

[18] Kazanci, O., S. Yilmaz, and S. Yamak, Soft sets and soft BCH-algebras, Hacettepe Journal of Mathematics and
Statistics, vol.39, no.2, pp.205–217, 2010.

[19] Kong, Z., L.Q. Gao, and L.F. Wang, Comment on a fuzzy soft set theoretic approach to decision making problems,
Journal of Computational and Applied Mathematics, vol.223, pp.540–542, 2009.

[20] Maji, P.K., A neutrosophic soft set approach to a decision making problem, Annals of Fuzzy Mathematics and
Informatics, vol.3, no.2, pp.313–319, 2012.

[21] Maji, P.K., R. Biswas, and A.R. Roy, Soft set theory, Computer and Mathematics with Applications, vol.45,
pp.555–562, 2003.

[22] Maji, P.K., R. Biswas, and A.R. Roy, Fuzzy soft sets, Journal of Fuzzy Mathematics, vol.9, no.3, pp.589–602,
2001.

[23] Maji, P.K., and A.R. Roy, An application of soft sets in a decision making problem, Computer and Mathematics
with Applications, vol.44, pp.1077–1083, 2002.

[24] Majumdar, P., and S.K. Samanta, On similarity measures of fuzzy soft sets, International Journal of Advances
in Soft computing and Applications, vol.3, no.2, pp.1–8, 2011.

[25] Molodtsov, D., Soft set theory-first results, Computer and Mathematics with Applications, vol.37, pp.19–31, 1999.

[26] Mondal, S., Interval-valued fuzzy vector space, Annals of Pure and Applied Mathematics, vol.2, no.1, pp.86–95,
2012.

[27] Moore, R., Interval Arithmatic, Prentice-Hall, Englewood Cliffs, NJ, USA, 1996.

[28] Nagarajan, E.K.R., and G. Meenambigai, An application of soft sets to lattices, Kragujevac Journal of Mathe-
matics, vol.35, no.1, pp.75–87, 2011.

[29] Pawlak, Z., Rough sets, International Journal of Information and Computer Science, vol.11, pp.341–356, 1982.

[30] Pawlak, Z., Hard and Soft Sets, ICS Research Report, Institute of Computer Science, Poland, 1994.

[31] Roy, A.R., and P.K. Maji, A fuzzy soft set theoretic approach to decision making problems, Journal of Compu-
tational and Applied Mathematics, vol.203, pp.412–418, 2007.

[32] Yang, C.F., A notes on soft set theory, Computer and Mathamatics with Applications, vol.56, pp.1899–1900, 2008.

[33] Yang, X., et al., Combination of interval-valued fuzzy set and soft set, Computer and Mathematics with Applica-
tions, vol.58, pp.521–527, 2009.

[34] Zadeh, L.A., Fuzzy set, Information and Control, vol.8, pp.338–353, 1965.




